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A B S T R A C T

Introduction. A fair number of technical structures have gaps (backlashes) which can be contingently divided into 
two types. One of them is the gaps in connections between substructures which are introduced so that the connections may 
operate correctly. Sizes of such gaps are usually normalized. Another type is the backlashes which occur during operation. 
Due to the normalized gaps usually expand while operating, both of the types may lead to increased loading and wear of 
mechanical parts, an alteration in dynamical characteristics and a deterioration in a technical state of mechanical structures. 
It explains the necessity to control the gaps. When the ground vibration testing of the structures is performed, it seems 
appropriate to use these tests to detect such gaps. Research Objective: developing the method to control the gaps in the 
technical structures during the ground vibration testing based on distortions of portraits of forced oscillations. Research 
Technique. The steady-state forced oscillations of the technical structures, which were measured by acceleration sensors, 
are excited by means of shakers. The sensor signals are represented as the portraits: the vertical scanning is proportional 
to the signal and the horizontal scanning – to its fi rst harmonic with the phase shift of π/2. In case of a linear system, the 
portraits are circles. The presence of the gaps distorts the portraits of oscillations specifi cally. To estimate the distortions 
numerically, the fi rst harmonic is subtracted from the Fourier series of the portrait of oscillations, the absolute maximum 
of the residue is calculated over the oscillation period and used subsequently as the distortion parameter Ψ. The value of 
the parameter Ψ is normalized and denoted as ξ. The ξ distributions are plotted on controlled objects. The locations of 
the gaps are determined through the positions of the local maxima of the distortions. While calculating the parameter ξ, 
the two types of normalization, which were conditionally named the global and local ones, are being used. In case of the 
global normalization, the value of Ψ is related to the amplitude of the fi rst harmonic at the control point of the structure. 
The local normalization means that the magnitude of Ψ is related to the amplitude of the fi rst harmonic of the sensor where 
that parameter was previously calculated. The global normalization is required to analyze the distortion distribution of 
the portraits of oscillations of the entire technical structure. The local normalization of the distortions of the portraits of 
oscillations is utilized to establish the locations of the gaps in the mechanical parts and structural connections. The ground 
vibration tests were carried out via Test.Lab software. The subprogram is integrated into the software interface in order 
to analyze the portraits of oscillations. It enabled one to calculate the distortions of the portraits of oscillations, plot the 
distortion distributions of the structure and save it for further use. It allowed one to control the gaps during vibration strength 
tests, as well as while the structures being used, by means of comparing the distortion distributions of the parameter ξ related 
to different states of the structure. Additionally, the plotting of the distortion distributions of the portraits of oscillations for 
each structural component is added to the subprogram so as to control the defects subsequently. Not only the locations of the 
gaps are determined in the force-displacement application systems but also the equation is given to calculate its magnitudes. 
The practical recommendations on using that equation are presented. Results and Discussion. The possibility of detecting 
the gaps by the distortions of the portraits of oscillations is illustrated with the example of the diagnostics of the layout of the 
control wiring and the airplanes during the ground vibration testing as well as the open-type spacecraft structures. It is shown 
that the developed method enables one to detect all the gaps in the testing object which distort the portraits of oscillations.

For citation: Testoyedov N.A., Berns V.A., Zhukov EP., Lysenko E.A., Lakiza P.A. Control of gaps in technical structures during ground 
vibration testing. Obrabotka metallov (tekhnologiya, oborudovanie, instrumenty) = Metal Working and Material Science, 2021, vol. 23, no. 2, 
pp. 40–53. DOI: 10.17212/1994-6309-2021-23.2-40–53. (In Russian).
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Introduction

A fair number of technical structures contain gaps (backlashes) which can be contingently divided 
into two types. The first type includes gaps in connections between substructures which are introduced so 
that the connections may operate correctly. Sizes of such gaps are usually normalized. Another type is the 
backlashes, which occur during operation. Due to the normalized gaps usually expand while operating, 
both of the types may lead to increased loading and wear of mechanical parts, an alteration in dynamical 
characteristics and a deterioration in a technical state of mechanical structures. It explains the necessity to 
control the gaps. When ground vibration testing (GVT) of the structures is performed, it seems expedient to 
use the tests to detect such gaps. 

Vibrodiagnostics of machinery is widely used to evaluate a technical condition of mechanical 
transmissions, couplings and bearings [1–5]. These rotating parts of machines tend to generate oscillations 
when rotating parts are imbalanced, contain the backlashes or a shaft misalignment has occurred. Oscillations, 
which are diagnosed as vibrations of chassis, contain information about dynamic processes in the working 
machine. One has to select a specific piece of data in order to detect structural damage and make decisions 
on structural health [6–8].

Methods of vibration-based damage detection can be divided into three categories. The first one consists 
of methods to detect mechanical damage by changes in modal properties [9–15]. It is important to notice that 
the modal properties do not alter drastically, even though the mechanical structure is damaged considerably. 
Additionally, the conclusive damage identification is limited due to the fact that modal properties are integral 
characteristics, and the location and size of the defect are differential ones [16]. 

The second category is represented by the methods of the wave-based damage detection [17–21]. 
However, the application of these methods is considered to be challenging when the structures have 
discontinuities such as holes and notches. 

When design parameters of a mechanical structure are close to ones of a linear dynamical system, portraits 
of oscillations distort and vibrational subharmonic and superharmonic resonances occur. The methods for the 
damage identification based on these features may be combined into the third group [22–30].

The paper [29] shows that one can determine and evaluate the gaps in the control wiring of the deflectable 
surfaces by using nonlinear distortions of portraits of oscillations. In this way, results of the GVT are 
utilized to calculate the distortions. The current paper is aimed at creating a vibration-based technique to 
monitor the gaps by means of the distortions of the portraits of oscillations. So, the computer program has 
been developed and integrated into the vibration testing software to compute and plot the aforementioned 
distortions. Also, to detect the structural damage sequentially, the novel approach has been proposed. This 
allows not only to identify gaps, but also to estimate its size.

Research Technique

The identification of the gaps in the mechanical structures by the means of the portraits of oscillations 
is similar to the vibration-based cracks detection [30]. The steady-state forced oscillations of the technical 
structures, which have been measured by acceleration sensors, were excited by means of shakers. The 
sensors are located near moving connections and attachment points of mechanical parts and apparatus. The 
sensor signals are represented as the portraits: the vertical scanning is proportional to the signal and the 
horizontal scanning – to its first harmonic with the phase shift of π/2. In case of a linear system, the portraits 
are circles. The presence of the gaps distorts the portraits of oscillations specifically (Fig. 1, n – the sensor 
signal, n1 – its first harmonic with the phase shift of π/2). To estimate the distortions numerically, the first 
harmonic was subtracted from the Fourier series of the portrait of oscillations; the absolute maximum of 
the residue was calculated over the oscillation period and used subsequently as the distortion parameter 
Ψ. The value of the parameter Ψ was normalized and denoted as ξ. The ξ distributions were plotted on 
controlled objects. The locations of the gaps were determined through the positions of the local maxima of 
the distortions.
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                                  а                                                                 b
Fig. 1. The portraits of oscillations of a structure

а – without a gap; b – with a gap

The ground vibration tests were carried out via Test.Lab software. The subprogram was integrated into 
the software interface in order to analyze the portraits of oscillations. It allowed to calculate the distortions of 
the portraits of oscillations for all the measurement channels simultaneously, plot the distortion distributions 
of the structure and save it for further use. It enabled monitoring the gaps during vibration strength tests, 
as well as while the structures being used, by means of comparing the distortion distributions of the 
parameter ξ related to different states of the structure. Additionally, the plotting of the distortion distributions 
of the portraits of oscillations for each structural component was added to the subprogram so as to control 
the defects sequentially.

While calculating the parameter ξ, the two types of normalization, which were conditionally named the 
global and local ones, were being used. In case of the global normalization, the value of Ψ was related to 
the amplitude of the fi rst harmonic at the control point of the structure. The point where the amplitude of 
the fi rst harmonic is maximal among the signals should be used as the control one.

In case of the local normalization:

 ( )1

max
,i

i
iA

Ψ
ξ =  (1)

where i – the measurement channel index; max|Ψi| – the absolute maximum of the distortions of the por-
traits of oscillations; (A1)i – the amplitude of the fi rst harmonic. 

The global normalization is required to analyze the distortion distribution of the portraits of oscillations 
of the entire technical structure. A frequency-driven force usually acts near a natural frequency of the 
structure; that is why the false local maxima of the distortions have to be excluded. It occurs because of 
some acceleration sensors are situated close to mode shape nodes.

The local normalization of the distortions of the portraits of oscillations is utilized to establish the 
locations of the gaps in the mechanical parts and structural connections. Such normalization facilitates 
comparison between the different gaps and control of its dynamics while being tested or utilized.

Let us consider how one may make use of the proposed method to detect the gaps in force-displacement 
application systems. It is possible not only to identify gaps, but also to estimate its values based on 
experimental results.

The increased gaps in the moving connections of the force-displacement application systems become 
to exist due to operating for a long period of time and fabrication errors. The gaps in transmissions of 
helicopters and automobiles lead to self-oscillations and make diffi cult to control it. Existing methods 
usually require the partial dismantlement of the structures.
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The papers [26, 28] demonstrate how the gaps in the moving connections of the force-displacement 
application systems might be identifi ed on the basis of the GVT. It was suggested to measure overloads 
in the moving connections of its substructures and plot it as Lissajous fi gures. The paper [29] shows that 
the results acquired by means of the portraits of oscillations and the Lissajous fi gures appeared to be the 
same. Figure 2 shows an example of the displacement application system – a control wiring of defl ectable 
surfaces. 

                                             а                                                                                            b
Fig. 2. A control wiring of defl ectable surfaces

а – an exemplary control wiring scheme; b – cables and rockers with sensors; 1 – cables; 2 – rockers; 3 – acceleration 
sensors

Fig. 3. The natural frequency as a function 
of the oscillation amplitude

The presence of the gaps in the moving connections of 
the control wiring results in the increased displacement of 
the defl ectable surface. That is why the rotating frequency 
of the surface depends on the oscillation amplitude. Figure 3 
illustrates the intrinsic natural frequency dependency on 
the oscillation amplitude of the defl ectable surface which is 
neutrally imbalanced (there is a static force in the system).

As shown in Fig. 3, A – the oscillation amplitude of the 
control point of the surface; ω – the natural frequency of the 
defl ectable surface (the resonance frequency); A0 – the oscil-
lation amplitude when the static force in the control wiring is 
achieved; ω0 – the natural frequency of the system without the 
gap; ωe – the minimal value of the natural frequency.

If the displacement of the defl ectable surface exceeds a permissible value due to the increased gap in 
one of the moving connections, the damaged structural part is located by the ξ parameter and the size of the 
gap is estimated according to the equation ([28]):

 
2 2

0
0 0

1 4, 2 1 1, 39 .e eA
       ω ω    τδ = − − +       ω ω        

 (2)

Where δ – the size of the gap; τ – the fraction of the displacements of the sensors located near the damaged 
and the control points.

It is worth to be noticed that if the decrease in the rotating resonance frequency of the defl ectable surface 
due to the gap is less than 12 % and the oscillation amplitude is not higher than 50 % of the А0 value, the 
size of the gap (2) is calculated with the precision error no more than 10 %.

The equation (2) should be used specifi cally. For instance, to determine the ωе frequency of the defl ect-
able surface at the moment when the gap is disclosing, one has to descend the frequency of the driving 
force. The oscillation amplitude А0 is calculated when the distortions of the portraits of oscillations emerge, 
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as a rule, discontinuously. Measuring the А0 value is complicated because of its small magnitude. It is pos-
sible to artifi cially increase it by changing the balance of the defl ectable surface or introducing the static 
component to the driving force. Moreover, there are fi lters in the measurement system to eliminate noise.

It needs to be highlighted that usage of the fi lters makes the signals smoother as well as changing the 
oscillation amplitude. When using a low-pass fi lter, nonlinear effects due to the presence of the gap may 
disappear. So, Figure 4 illustrates the results of applying the second-order low pass Butterworth fi ler with 
cutoff frequencies of 50 and 100 Hz to the portrait of oscillations of a system. The fi rst natural frequency 
did not exceed 10 Hz.

Fig. 4. The portraits of oscillations for the different cutoff frequencies of a fi lter

Even if there are several gaps in the control wiring, its overall value is evaluated by means of the second 
equation. The sizes of the gaps located at each damaged structural part are calculated according to the ξ 
parameter.

Results and Discussions

The method for detecting gaps based on the distortions of the portraits of oscillations was utilized to 
monitor the layout of the control wiring and the aeronautical vehicles in the course of the GVT.

The study [28] contains the results of detecting backlashes in the layout of the control wiring 
(Fig. 5). The example of identifying the backlash in the node 6 by means of the distortion parameter of the 
Lissajous fi gures is summarized in Table 1. Table 2 summarizes the numerical evaluations of the backlashes 
calculated by using the equation (2). 

Fig. 5. A layout of a control wiring and its scheme:
а – a defl ectable surface; b – a cable; c – a rocker
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T a b l e  1
Detecting the backlash

No sensor 1 2 3 4 5 6 7 8
ξ 10.42 8.82 5.99 26.28 9.83 101.62 59.67 43.64

T a b l e  2
Calculating the sizes of the backlashes

No node 3 3 3 4 4 6 6 3, 6
True backlash, μm 50.0 43.0 20.0 50.0 35.0 50.0 35.0 30+50
Calculated backlash, μm 46.5 49.0 22.0 52.6 38.3 47.3 35.3 74.0

Fig. 6. Gaps in attachment points of a forewing. The 
global normalization of the distortions at the rotating 

frequency of the forewing.

Figures 6–11 illustrate the distortion distributions of the portraits of oscillations which were computed 
throughout the GVT of several airplanes. In the fi gures the upper limit of the color scale corresponds to the 
fi elds contained the maxima of the distortions and the lower end – to the parts where the magnitudes are 
the smallest.

Fig. 7. The global normalization of the distortions at 
the rotating frequency of the stabilator
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Fig. 8. Gaps in a control wiring of high-lift devices of an 
airplane. The global normalization of the distortions at the 

bending frequency of the wing.

The distortions of the portraits of oscillations distributed along the airplane, which control system is 
unboosted, are shown in Figure 9. The maxima of the distortions were discovered on the elevator and elevator 
tab because of the gaps in the control wiring. After exclusion of these distortions from the distribution, 
the maximum value was found at the connection between the control stick and control wiring, where the 
increased gap was detected (Fig. 10).

Fig. 9. Gaps in a control wiring of an elevator 
and elevator tab:

a – sensors located on the control stick; b – the distortions 
distributed along the elevator and elevator tab

Fig. 10. The backlash in the connection between 
the control stick and control wiring. The global 
normalization of the distortions of the portraits of 

oscillations
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Figure 11 shows the distortion distribution of the portraits of oscillations of a vertical stabilizer. The 
increased transverse gaps were identifi ed in the front attachment points of the vertical stabilizer. 

Spacecraft while designed are tested by means of the GVT. Results of the experiments are vital to 
prove quality of a fabricated vehicle and measure its vibration strength, including detecting manufacturing 
damage. Since the maximum vibrational loads occur during launching, the spacecraft are tested in a 
launch confi guration. Figure 12 illustrates a design scheme of an unsealed satellite. Flat sandwich panels 
along with a carbon composite cylinder form a structural framework. Satellite equipment (antennas, solar 
batteries and etc.) as well as an astroplate with navigation sensors and orientation systems are located on 
the panels. To perform the GVT, the satellite is set on the adapter which connects the spacecraft with the 
launch vehicle.

Fig. 12. A spacecraft structure design 
scheme:

1 – an adapter; 2 – a panel; 3 – an astroplate; 4 – 
antenna refl ectors; 5 – panels of solar batteries; 

6 – an attachment point of a solar battery

Fig. 11. Gaps in the front at-
tachment points of a vertical 
stabilizer. The local normal-

ization of the distortions

The several steps of the spacecraft GVT are carried out [29]. Firstly, the spacecraft is exposed to loading 
with low intensity to fi nd out whether its dynamical properties are close to design ones or not. After that, 
normalized vibrational loads are applied to the spacecraft. During the loading, damage might occur and 
propagate, for example, interconnections become broken because of the gaps. The third step repeats the 
program of the fi rst one. Taking into account how the vibrational parameters have changed: the resonance 
frequency and oscillation amplitude; high-frequency components occurrence and spectrum shift, one 
detects, locates and identifi es the defects.

The unsealed spacecraft while the GVT are exposed to wide-band harmonic and random acoustic 
vibrations.

Figure 13 and Figure 15 illustrate how the gaps in the two spacecraft were detected by using the distortion 
distributions. It is essential to highlight that in the course of testing the driving vibration was sinusoidal and 
the frequency was altering logarithmically. Since the process is considered to be nonstationary, the time 
segments close to resonance frequencies were gathered to calculate the global distortions of the portraits of 
oscillations. The maximum distortion distributions were chosen among the calculated ones.
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Figure 13 illustrates how the distortions of the portraits of 
oscillations distribute on the spacecraft surface. It is the only 
one case within the frequency range of 20 to 100 Hz when 
the distortions of the portraits of oscillations were higher than 
calculation errors. The maximum distortions occurred near the 
attachment points of the solar batteries which contain the design 
gaps.

Figures 14 and 15 illustrate the setup to perform the GVT of the 
different satellite and the distortion distributions of the portraits 
of oscillations of the antenna refl ector. The points in Figure 15 
represent the locations of the acceleration sensors on the surface 
of the refl ector. The arrow depicts the damage location (gap): the 
destroyed adhesive connection between the support and frame. 
That location is characterized by the maximum distortions of the 
portraits of oscillations. Fig. 13. Detecting gaps in attachment 

points of solar batteries

Fig. 14. A setup for testing an antenna refl ector 
of a spacecraft structure

1 – a frame; 2 – a refl ector; 3 – a shaker table

Fig. 15. The distortion distribution of the portraits 
of oscillations
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Conclusions

The conducted research indicates that the nonlinear distortions of the portraits of oscillations may be 
utilized to detect and localize the gaps in a technical structure. In order to monitor the gaps during the GVT, 
the subprogram was integrated into the vibration testing software. The subprogram enables one to compute, 
normalize and plot the portraits of oscillations. In that way, the occurrence and propagation of the gaps may 
be detected in the course of operating and the GVT of the mechanical structure.

The proposed technique might be used to monitor a technical state and operational conditions of technical 
products if last ones are exposed to one-component harmonic vibrations. The sources of the vibrations are 
usually unbalanced rotating masses.

References

1. Tiwari R. Rotor systems: analysis and identification. Boca Raton, CRC Press, 2017. 1069 p. ISBN 978-1-138-
03628-4.

2. Bachschmid N., Pennacchi P., Tanzi E. Cracked rotors: a survey on static and dynamic behaviour including 
modelling and diagnosis. Berlin, Heidelberg, Springer-Verlag, 2010. 408 p. ISBN 978-3-642-01485-7.

3. Kostyukov V.N., Naumenko A.P. Osnovy vibroakusticheskoi diagnostiki i monitoringa mashin [Basics of vi-
broacoustic diagnostics and monitoring of machines]. Omsk, OmSTU Publ., 2011. 360 p. ISBN 978-5-8149-1101-8.

4. Balitskii F.Ya., Barkov A.V., Barkova N.A. et al. Nerazrushayushchii kontrol’. T. 7, kn. 2. Vibrodiagnostika 
[Non-destructive testing. Vol. 7, bk. 2. Vibration-based diagnostics]. Moscow, Mashinostroenie Publ., 2005. 829 p. 
ISBN 5-217-03298-7.

5. Zhukov R.V. Obzor nekotorykh standartov ISO/TC-108 v oblasti diagnostiki mashinnogo oborudovaniya [An 
overview of some ISO/TC-108 standards in the field of machinery diagnostics]. Kontrol’. Diagnostika = Testing. 
Diagnostics, 2004, no. 12, pp. 61–66.

6. Zhuge Qi, Lu Yongxiang, Yang Shichao. Non-stationary modelling of vibration signals for monitoring the 
condition of machinery. Mechanical Systems and Signal Processing, 1990, vol. 4, iss. 5, pp. 355–365.

7. Lacey S.J. Using vibration analysis to detect early failure of bearings. Insight – Non-Destructive Testing and 
Condition Monitoring, 2007, vol. 49, no. 8, pp. 444–446.

8. Litak G., Friswell M.I. Dynamics of a gear system with faults in meshing stiffness. Nonlinear Dynamics, 2005, 
vol. 41, iss. 1–3, pp. 415–421. DOI: 10.1007/s11071-005-1398-y.

9. Vibrodiagnostika aviatsionnykh konstruktsii [Vibrodiagnostics aircraft structures]. Moscow, GosNIIGA Publ., 
1986. 95 p.

10. Postnov V.A. Opredelenie povrezhdenii uprugikh sistem putem matematicheskoi obrabotki chastotnykh 
spektrov, poluchennykh iz eksperimenta [Determination of elastic systems damages by mathematical treatment of 
frequency spectra obtained from the experiment]. Izvestiya Rossiiskoi akademii nauk. Mekhanika tverdogo tela = 
Mechanics of Solids, 2000, no. 6, pp. 155–160. (In Russian).

11. Kositsyn A.V. Metod vibrodiagnostiki defektov uprugikh konstruktsii na osnove analiza sobstvennykh form 
kolebanii [Method of the vibrating diagnostics of deffects of elastic designs on the basis of the analysis own forms 
of fluctuations]. Pribory i metody izmerenii = Devices and Methods of Measurements, 2011, no. 2 (3), pp. 129–135. 
(In Russian).

12. Perera R., Fang S.E., Huerta C. Structural crack detection without updated baseline model by single and 
multi-objective optimization. Mechanical Systems and Signal Processing, 2009, vol. 23, iss. 3, pp. 752–768. 
DOI: 10.1016/j.ymssp.2008.06.010.

13. Dilena M., Morassi А. Damage detection in discrete vibrating systems. Journal of Sound and Vibration, 2006, 
vol. 289, pp. 830–850. DOI: 10.1016/j.jsv.2005.02.020.

14. Xu M., Wang S., Jiang Y. Structural damage identification by a cross modal energy sensitivity based mode 
subset selection strategy. Marine Structures, 2021, vol. 77, pp. 1–22. DOI: 10.1016/j.marstruc.2021.102968.

15. Barbieri N., Barbieri R. Study of damage in beams with different boundary conditions. International Journal 
of Civil, Environmental, Structural, Construction and Architectural Engineering, 2013, vol. 7, iss. 6, pp. 399–405.

16. Doebling S.W., Farrar C.R., Prime M.B., Shevitz D.W. Damage identification and health monitoring of struc-
tural and mechanical systems from changes in their vibration characteristics: a literature review. Technical Report 
LA-13070-MS. Los Alamos National Laboratory. Los Alamos, NM, 1996. 132 p.



OBRABOTKA METALLOV

Vol. 20 No. 3 2018

MATERIAL SCIENCE OBRABOTKA METALLOVEQUIPMENT. INSTRUMENTS

Vol. 23 No. 2 2021

17. Viktorov I.A. Fizicheskie osnovy primeneniya ul’trazvukovykh voln Releya i Lemba v tekhnike [Physical fun-
damentals of application of the Rayleigh and Lamb ultrasonic waves to technical devices]. Moscow, Nauka Publ., 
1966. 169 p.

18. Worlton D.С. Ultrasonic testing with Lamb waves. Non-Destructive Testing, 1957, vol. 15, iss. 4, pp. 218–222.
19. Worlton D.C. Experimental confirmation of Lamb waves at megacycle frequencies. Journal of Applied Phys-

ics, 1961, vol. 32, pp. 967–971.
20. Kessler S.S., Spearing M.S., Soutis C. Structural health monitoring in composite materials using Lamb wave 

methods. Smart Materials and Structures, 2002, vol. 11, pp. 269–278. DOI: 10.1999/1307-6892/9351.
21. Zaitsev V, Sas P. Nonlinear response of a weakly damaged metal sample. Journal of Vibration and Control, 

2000, vol. 6, pp. 803–822.
22. Bovsunovskii A.P., Matveev V.V. Vibrodiagnosticheskie parametry ustalostnoi povrezhdennosti uprugikh tel 

[Vibrational diagnostics parameters of fatigue damage in elastic bodies]. Mechanical Fatigue of Metals: Proceeding 
of the 13-th International Colloquium (MFM), Ternopil, 25–28 September 2006, pp. 212–218. (In Russian).

23. Tsyfanskii S.L., Beresnevich V.I., Lushnikov B.V. Nelineinaya vibrodiagnostika mashin i mekhanizmov 
[Nonlinear vibration of machines and mechanisms]. Riga, Riga Technical University Publ., 2008. 366 p. ISBN 978-
9984-32-194-3.

24. Diana G., Bachmid N., Angel F. An on-line crack detection method for turbo generator rotors. Proceedings of 
International Conference on the Rotordynamics, JSME, September 14–17, 1986, Tokyo, pp. 385–390.

25. Berns V.A., Bobryshev A.P., Prisekin V.L., Samuilov V.F. Kontrol’ soosnosti ustanovki otklonyaemykh pover-
khnostei po rezul’tatam vibratsionnykh ispytanii [Coaxiality monitoring for deflecting surfaces basing on vibration 
tests]. Vestnik Moskovskogo aviatsionnogo institute = Aerospace MAI Journal, 2008, vol. 15, no. 1, pp. 87–91.

26. Bobryshev А.Р., Berns V.A., Prisekin V.L., Belousov A.I., Samuilov V.F. Sposob kontrolya lyuftov v me-
khanicheskikh provodkakh upravleniya samoletov [Play control method in mechanical aircraft control joints]. Polet 
= Polyot, 2007, no. 12, pp. 50–53. (In Russian).

27. Al-Khazali H.A.H., Askari M.R. Geometrical and graphical representations analysis of Lissajous figures in 
rotor dynamic system. IOSR Journal of Engineering, 2012, vol. 2 (5), pp. 971–978.

28. Berns V.A., Dolgopolov A.V. Kontrol’ zazorov v podvizhnykh soedineniyakh po rezul’tatam rezonansnykh 
ispytanii [Gaps control in movable joints by the results of resonance test]. Vestnik Sibirskogo gosudarstvennogo 
aerokosmicheskogo universiteta im. akademika M.F. Reshetneva = Vestnik SibGAU, 2013, no. 6 (52), pp. 149–153.

29. Berns V.A., Lysenko E.A., Dolgopolov A.V., Zhukov E.P. Opyt kontrolya defektov letatel’nykh apparatov 
po parametram vibratsii [Experience of aircraft defects monitoring by vibration parameters]. Izvestiya Samarskogo 
nauchnogo tsentra Rossiiskoi akademii nauk = Proceedings of the Samara Scientific Center of the Russian Academy 
of Sciences, 2016, vol. 18, no. 4, pp. 86–96. (In Russian).

30. Berns V.A., Zhukov E.P., Malenkova V.V., Lysenko E.A. Diagnostirovanie treshchin v metallicheskikh pane-
lyakh po nelineinym iskazheniyam portretov kolebanii [Diagnosis of cracks in metal panels by non-linear distortions 
of vibration portraits]. Obrabotka metallov (tekhnologiya, oborudovanie, instrumenty) = Metal Working and Mate-
rial Science, 2018, vol. 20, no. 2, pp. 6–17. DOI: 10.17212/1994-6309-2018-20.2-6-17.

Conflicts of Interest
The authors declare no conflict of interest.

 2021 The Authors. Published by Novosibirsk State Technical University. This is an open access article under the CC BY 
license (http://creativecommons.org/licenses/by/4.0/).


